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But we also have other BPS

degeneracies :
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There is an algorithm for

constructing µ# by evolving
the spectral network from the
branch points of it:
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Then apply simple wall- crossing
formulae when lines cross
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This can even be implemented

by computer :

I
. Andy Neitzke homepage
2. LION : software written

by Pietro Longhi § Chan Park
- -



③ We can also have domain

walls between $z± and Iza
for Z

, Zz E C
, just like

the LG

easy
at P

②
Zz¥¥¥*%

and these
are labeled by

isotopy classes of paths
p : Z

,→ Zz in Ci

⇒ Framed BPS solitons
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The BPS degeneracies SI (p,5,8 )
are determined as follows :

→ Homology Path Algebra : it! )
252L HEKE)
"
Xo

,
Xs
,

= { X.It itm9ee-2A

or else
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, → Ze path in G
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Claim @MN
,
2012J : F!degenenac

1.) r(pf ftp.V-rc-TE.zz )
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such that

A.) Homotopy invariance : ftp. , 5) =F(pz,5 )
if P ,

~

Pz ( fixed endpoints )
'

B.) Gluing : Ffp
, >
5) Ffp, 5) =E(Pipes)
-

C.) If PANG = § .
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÷ pl 3)

=% .

k¥4



D.) Detour Rule
-
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,
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EI=DoorDEa÷÷¥¥Y*L
Ideaofproofi Build up the
¥7 andRt) starting
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Remarks
-

i. I Replacing Xr⇒Pq;!Y¥¥g:
on E

Ffp, s) = E Ifpi, r) exp f.jo
"

is the H -transport forInaba.ES#connnexE.fg
,

• gives the noanm mais

Iws : MCE
,
ouch -→ Made, .GL# )

K =# sheets

claim F is holomorphic symplectic .

Only provides coordinates on a

chart in Myat ( C, GUH ) determined
by Ns



2
. ) Fei k

, Andy - fallowing
some earlier work have sought
to generalize the homology
path algebra to a noncommutative

Heisenberg algebra (torpedoed
3.) Themed'degg §. Kasay
Ayo (generating
theFukaya-Seidegory)
There should be categorical
analogs of the above where

⇒ is a functor ial analog
of flat parallel transport .

Fcp) : Br $z
,
) →Br ⇒



For the case of LG
.

models

this was actually constructed in
Gaiolto

-
Moore - Witten

,
2015

.

It should lead to a categorised
Version of Stokes phenomenon .

I

Sij walls were associated
with (

"

s-wall
" ) crossing functors

Gig. in GMW
.
These are

categorical generalizations of
Stokes factors

.



Eampleot2d4d-4ds.ua) pure .

C = D
'

with 2 punctures

5= (fit Uzzt II) dz*
Couple this to QR

'
model

.

It
=

has global su@ ) symmetry .
for A in certain regions
can identify w/ $57
See GMN 1103.2598 section 8.3



Two math references related tothis .

.

• Acs category of branes for Slz :
G

-

Kerr t Y
.

Soibelman 1711.03695

• Math formulation (construction of
functor Fcp) giving categorical
Stokes factors :

M
. Kapranov, Y. Soi belman, L . Sookhanov ,
2011.00845


